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($x$ , $G$ $G$ $(x_{1},y_{1})$ $(x_{2}, y_{2})$











1 $d=2$ $x^{2}-2y^{2}=1$ $(3, 2)$ $(3, 2)^{2}=(17,12),(3,2)^{3}=$
$(99, 70)$ , $(577, 408)$ , $(3363,2378)$ , $\cdots$
2 $\{(x, y)\in R\cross R|x^{2}-dy^{2}=1\}$ $*$
$(G, *)$
$G$ $G^{\mathfrak{n}}$ ( )

















(5) $\delta_{1},$ $\delta_{2},$ $\delta_{3}$ . $\cdots$
$\delta_{1}$ $=$ 1







































































$0<P_{2k}^{2}-2Q_{2k}^{2}<2$, $\forall k\geq 1$
$P_{2k}^{2}-2Q_{2k}^{2}$
$P_{2k}^{2}-2Q_{2k}^{2}=1$
5 $(x, y)=(P_{2k}, Q_{2k})$ $x^{2}-2y^{2}=1$
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2.4
$d>1$ $x^{2}-dy^{2}=1$ $x$ $y$
$(x, y)=(1,0)$




$(s, t),$ $(u, v)$
$s+t\sqrt{d}=u+v\sqrt{d}$
$s,$ $t,$ $u,$ $v$
$s=u$, $t=v$ $o$






































$\alpha$ $=$ $q_{1}+ \frac{1}{\alpha_{1}}$
$\alpha_{1}$ $=$ $q_{2}+ \frac{1}{\alpha_{2}},$ $q_{2}=[\alpha_{1}]$
:.













$0<P_{2\mathfrak{n}}+ \alpha Q_{2\mathfrak{n}}<2\alpha Q_{2n}+P_{2n}-\alpha Q_{2n}<2\alpha Q_{2n}+\frac{1}{Q_{2n+1}}$
$z_{2n}$
$0<z_{2n}< \frac{1}{Q_{2n}}(2\alpha Q_{2n}+\frac{1}{Q_{2n+1}})<2\alpha+1$
$z_{2n}$ 1 $2\alpha+1$ $[2\alpha+1]$
$1\leq k\leq[2\alpha+1]$ (12)
(12) $(u_{n}, v_{n})_{n\in w}$
$k=1$
$k>1$ (1) $n\in w$
$(u_{n}, v_{\mathfrak{n}})$ $k$ $p_{n},$ $q_{n}$ $(p_{n}, q_{n})$
( $k^{2}$ )




$t_{1},$ $t_{2},$ $t_{3},$ $\cdots$
$\frac{s_{n}}{t_{n}}$
$s_{1}^{2}-dt_{1}^{2}$ $=$ $(s_{1}-\alpha t_{1})(s_{1}+\alpha t_{1})=k$ (13)
$s_{2}^{2}-dt_{2}^{2}$ $=$ $(s_{2}-\alpha t_{2})(s_{2}+\alpha t_{2})=k$ (14)
$\alpha=\sqrt{d}$
$(s_{1}-\alpha t_{1})(s_{2}+\alpha t_{2})=s_{1}s_{2}-dt_{1}t_{2}-\alpha(s_{1}t_{2}-s_{2}t_{1})$ (15)















$(s_{1}-\alpha t_{1})(s_{2}+\alpha t_{2})$ $=$ $kx_{1}+\alpha ky_{1}=k(x_{1}+\alpha y_{1})$ (17)
$(s_{1}+\alpha t_{1})(s_{2}-\alpha t_{2})$ $=$ $kx_{1}-\alpha ky_{1}=k(x_{1}-\alpha y_{1})$ (18)
(13) (14) (17), (18)
$k^{2}$
$=$ $(s_{1}^{2}-dt_{1}^{2})(s_{2}^{2}-dt_{2}^{2})$
$=$ $(s_{1}-\alpha t_{1})(s_{2}+\alpha t_{2})(s_{1}+\alpha t_{1})(s_{2}-\alpha t_{2})$












$A= \frac{1}{m}(\begin{array}{ll}a dbb a\end{array})$
$|A|= \frac{1}{m^{2}}(a^{2}-db^{2})=\frac{m^{2}}{m^{2}}=1$
$(\begin{array}{l}x_{n}y_{n}\end{array})=A^{\mathfrak{n}}(\begin{array}{l}m0\end{array})$
$(\pm x_{n}, \pm y_{n})$
10 $m=1,$ $d=3$ $(2, 1)$ , $(7, 4)$ , $(26, 15)$ , $(97, 56)$ , $(362, 209)$ , $(1351, 780)$ , $\cdots$
[1] . 2 (1). 3.
, 1987.
[2] . . , 1993.
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